We prove that if a Poincari. inequality u~i t h two different weights holds on every ball, then a Poincark inequality with the same weight 011 both sides holds as well.
B and with radius X times that of B . By L~,,(p) we denote the class of functions which are LP integrable with respect to , LL on every ball. By C we denote a general positive constant; its value may change even in a single string of estimates.
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Main result. The main result of the paper reads as follows. Poincare' inequality" h,olds: where r is the radius of the ball B and C > 0, a > 1 are fixed constants independent of B . T h e n there is another constant C' > 0 such that o n every ball B c X we have the following "one-weight" inequality:
REMARKS. 1) If we replace the local integrability of u by a stronger condition that u is continuous and bounded on every ball, then we do not have to assume that p is absolutely continuous with respect to u.
2 ) Actually the same proof yields slightly more. Indeed, instead of ( 2 ) it suffices to assume a weaker inequality Tulo-wezght Pozncare' znequalzty and the conclusion remains the same.
3) The functions u and g are counterparts of a Sobolev function and the absolute value of its gradient. One can prove that Poincark type inequalities like those in Theorern 1 irnply that the function u inherits most of the properties of classical Sobolev functions, as we can see in the references cited above in connection with the Sobolev spaces on metric spaces. REMARK. The absolute continuity of p with respect to u was employed to deduce that p-almost all points x E B are Lebesgue points for u with respect to the measure u. If we assume that u is continuous, then all points are Lebesgue points and hence we do not need to require that p is absolutely continiious with respect to u. 
Two-wezght Pozncare' inequality 101
2) The method that allows one to reduce the size of the ball on the right hand side is well known. It seems there are at least three basic techniques to do that: the one developed by Bornan, [4] 3) So far, we have proved a result for Poincarit inequalities such as (3). We call them (p,p)-inequalities. because of the presence of the same exponent p on both sides. One could ask whether it is possible to get a similar result for (p, q)-Sobolev-Poincarit inequalities, with a larger exponent q on the left-hand side. In fact, such a generalization can be easily obtained. Indeed, it has recently been discovered that the (p, p)-Poincark inequality like (3) enjoys the so-called self-improving property, i.e. it implies the (p, q)-SobolevPoincark inequality with the optimal exponent on the left hand side: see [29] . for any Carnot-Carathkodory ball B = B ( x , r ) . In fact, the theory in [17] is developed for smooth vector fields; nevertheless. the definition of compensation couple and the arguments we develop require only the Lipschitz continuity of the vector fields. If X belongs to the class A, (as it happens e.g. for smooth vector fields satisfying Hormander's rank condition), then Corollary 2 above holds.
